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Opa KBUra caipaH IPBY UOAOBHHY MOJHX HpeAaBama 0 JHOHHHTE-
spMaamoMe PadyHy, Koja caMm AYI HEH3 TOAMHA Ap#ao ¥ Tpehpj roauHm
Bojue Arajevmje. Mucimm A2 A€A0 MOEKE MOCAVEMTH KODHCHO W CAYIIA0-
MEMA TEXHHIKOT DAEYATETA, CAYMAONAMA HPHPOAHO-MATEMATHIEOT OCEEA
OPUI0CODCEOT @ARYATETA Ka0 ¥ CBHMA, KOjH Eede Aa A0GHMjY OCHOBY 3a
IPOYUABAHE OIMIUDAUJAX CTPAHUX AeAa OBE BPCTe. |

pumehyjeM, aa ce 0Ba EBWra, HA H3BECHAM MECTHMA, O0CAama Ha
Moja pamdje Beh mrammana npejpaBama W3 TpHroHOMeTpHje B AHAJAUTHIHE
I'eonetpuje. |

Beorpag, Maja 1920.

D Aumutpuje Aanuh.
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C 063upoM HAa IH/H OBe EIBUTE, ORADAKTEPHCAHA WHEHAM HACLOBOM

Ocuopd VpeuHWTe3MMa HOTa PauyHa, M3HOCHM CAMO HAjUOTpeOHHje 3HAMmE
U3 TeOpHje WHTerpaiema. YBepeH Aa Beama sehmma oHmx, Eoju he ce cay-
HHTH OBHM A€A0M y4e MareMaruHKy HOTABHTO DAajd FheHE NpHMEHE, Kao
% TO 23 Cy’ IpuMeHe Ha)00/be CPECTRO Aa YVIEHHER '3aHHTepecyje 38 H3Y4a-
Batbe MaTeMATHEE, OUDPEACAMAO Ne je A4 YHECEN CDA3MeDHO BEAWEH AE0
TakBux Ipuuena Harerpaamors Pauyma y Ceomerpmjm m Mexamunu. Hernm
pasaor #e je pyroBoamo ja u Teopmjm AusepeHnuaiHHX jeAHAYHHA YCTY-
pay Behm mpocrop. Hajsas mamao cau 3a moTpeGHO Aa V-KpaTEOMe OOUMY
yHECEM HEMTO 0 EAMNTHYHAM HATETDAJNMA M CAWUTHIHAM SYHEIHjaMA.

beorpaa, Maja 1922, '

D Aumutpuje Aaﬂuh.
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NHPEPEHLUANIHA PAYYH

N0IMOEH H3 ANEBAPCRE AHANKAE

I.
OnwTH NOjMOBH U AechuHnyHje

————— s —

-1. 0 oyHKuMjama yonuire.

1. MpomeHruse u craaHe HKoauuuwe. — Koamumme, EKoje y TORY
jeaune TpoGaeMe CBOjy BPeAHOCT METHa]y, 30BY Ce npomeHuse xoauvune. Ko-
JAWYHHE, TaE, K0je He 3aBHCe 04 HPOMEH/PHBHX M EOJ€ 34 BpeMe [eaor pa-
9YHA 33ADIEKABA)Y je-,zl,Hy HCTY BPEAHOCT 30BEMO CMIGAHUM KOAUWMUHAME HAN
KOHCIMANMAMA. *

IIPOMEHmHBe KOJHIMHE O3HAYABAMO, OOHIHO, HOC.AB,ZI,EBHM IHCMEHANA |
asbyke : ca u, v, w, &, Y, 2, Cralfie EOJWINHE UDBHM HHCMEHMMA: Ca a, b, c..

2. dyHsuwje. — Laa ABe KoAWYHMHE 3aBHCE jeAHa 0] ,a,pyre'TaEO,
A4 Memame JeJHe 04 BHHX N0BAAYM COO0M MEHAMe OHe Apyre, OHAA ce Kake
A2 CY Te EOAMTMHE (fynryuje JeAHA OA ADYTe. |

Tako H.IIp. HepHOEPH]ja EPYTa jecre ®YHENH]A HOAyIpeYHAE] K 0OPATHO.

Ha werd HAYMH KakeMO H 32 BHUIE NDOMEHBHBAX KOAMYMHA AR CY
DYHEIHjEe jeAHA OA Apyre, EKaj ce BPEAHOCT CBake 0A HUX YIpaBha IIpeMa
BPEAHOCTHMA OHWX OCTAAMX. MM 3HAMO A4 BHCHHA, OCHOBHIA .M IOBDIIMHA
jegHora TpOYIA 3aBHCE jeAHO 0j APYro, TAKO A3 B3aAATHM BPeAHOCTHAMA
AB€JY 027 THX KOAWYHHA OATOBOpPA YBEeE JeAHA oOApeheHa BpeAHOCT OHe
Tpehe. To sHawm, Aa je ¢Baka 04 THX TpHJY KEOAAYAHA fI)}’HEH,E[_]& 0CTaANX
ABQ}Y H. t. Aa. | |

3. HesasucHo npomeHmHMBE W 3aBHCHO npomeHmuBe. — Kag ce
3aK0H, II0 KOMEe ABe WM BHITE EKOAWYHMHA 34BHCE jeAHa OA- Apyre, IpeBeje
.Ha jesuk Aare6pe, Ao6Wja ce jeAHAUMHA, KA0 AHAAMTHURK H3Da3 34 Be3y,
KOJa WOCTOJH W3Mehy TuX KOAWIWHA. AKO Y TAKBO] jeAHAUMHH HMa CAMO
ABE IIpOMBHJ%EBe KOAMYAHE, OHAL MOKEMO JeAHO] OA BHX A4 AdjeMO LpO-
W3B0/hHE BPEAHOCTH, & BPEeAHOCTH OHE Apyre TpOMeHGHBE yOpaBmahe ce
‘Ipema opuMa. hoaamymAa, KOj¢ce Mema He3aBHCHO, 30BE Ce npanpomemmm,
84 OHY ADYTY BaKeMO Aa Je WHEHA OYHENU)A. |

AE0 y jeaHaunHEM WMA BHOIE 03 ABe OpPOMEHSHBE KOJHYHHE, OH,ZI,B. cy_
cne .ocuM jeAHe, HE3ABHCHE, & 0H& jeAHa je OYHENM]a IBUXOBA, ABELE YHE-

]]',HJ& 02, ‘BHIIE HDPAUPOMEHFUBHX.
u.qcﬂpﬁﬁhliugpgﬂ}imaﬂmuﬂom PAUYHA. 1



Hanomena. Ca qucTo TEOPUCKEOT IAEAWINTA LHOTOVHO je CBEjeAHO EOJY
heMo 02 TPOMEH/PHBUX CMATPATH 3& HE3ABHCHO, & KOJY 32 B3aBHCHO IpPO-
MEHBUBY. Y MHOTMM OPUIMEAMA, & HADOYHTO y IPHMEHAMA, Taj HAM Ce H300D
no cefe Hamehe; mekaaa JOII ¥ CaMOMe IOYETEY, & HEEAAQ ¥ TOKYy pacMa-
Tpama. EBo _}B,ZI,ELH mpaMep. Hera je 2 afy -4 3 y —a’ + 8 =10 3azara
CYHENH]ja 38 HpoyYapame. Hao mTo BEAMMO OBA je jeAHAYHHA Y YIOTEAY
y-& TPBOTA, & ¥ TOTAeAY x-& HeTora crenena. IIpema Tome je Aal€E0 Jarme
M3DAYYHABATA 7-¢ W3 IMO0jeANHAX BPEAHOCTH x-4, HO 00DATHO. OSHAYH A3
Tpeba ys3eTdH « 34 NpanpoMeRbuBy. JOTHUHA jeJHAUNHA MOEE A3 IDEA-
CTaB/ha HBBECHY JAHHHU]Y Y JAexapr-oBMM KOODAMHATAMA HAM MOmE A Je
Je/\HaYMHA KAEBOTA EpeTama. — 34 MATEMATHYRO EJAATHO HMAMO MO3HATH
obpasan ¢ = |, i— OBze ¢y npoMenbuBe £ (BpeMe) M ! (AVEAHA KAATHA);
koHeranTe ¢y 7 —=3,1415... 1 ¢=9,805... Tpoyuasajyhu OBy mLO0jaBY
JAEIIE Je MEHATH ! W PavyHOM HBHANA3MTH ¢, HO 00paTHO: U3 BPAO PasyM-
JPUBOT pasaora. Tako je MCTO MOJMBMBO 33WTO Je KEOJ jeAHAMHHE y == 77X,
KO0ja HOEasyje OAHOC u3Mehy MOAyIpedYHHEa Z W KpPYiHe IOBDIWHE ¥, LPH-
POZHU]e H 332 OPOVIABA¥be JAAKNE Ad ce Y3Me HOAVODEYHHE « 33 HE3aBHCHO
IPOMEH/BHBY, HO IOBpMHHA y. — HKoj mpoyyaBama HeEmX TpPAHCHEHAEHT-
HEX AWHE]A (OUEAOWAS), KA0 W IDY OPOYIaBamky MHOTHX IATAA O Kpe-
ralmy Npemopydyje ce A3 ce obe IPOMEHBHMBE « H ¥y CMATPajy Ka0 OYHE-
nuje HOBe UpoMempuse ¢t. ¥ Mexamuum je To ¢ o6ugHo Bpeme. M. 1. A.

4. OTHpuBeHe U CHpUBeHE oYHKuuje. — Kaa je jejHauuHA, KOja
U3DpAXABA Be3y usMehy ABejy WAW BHmeE LPOMEH.FUBMX KOAHYHHA, DEIIeHA
0 3ABHCHO TPOMEHBHBOj, TAKO A3 je OHA caMa HA J1eB0j, 4 CBe 0CTAA0 HA
ACCHO] CTPAHH jejHAUMHE, DYHENM]A Ce 30Be omupusena (explicite). ¥ mpo-
THEHOM CAy9ajy, T.]. Eaj JeAHAUHHA HEje DemeHa o0 3aBUCHO TPOMEH/BHBO)]
EOJAVUHHM, MU KakeMO Aa ]e rIrYHRI];HjEL Y cﬂpuemoj (implicite) @OPMH.

5. QPYHKUWOHH 3HAUW. — Ja OmemO 03HATMAM Ad Je JeAHA KOAH-
YAHA, H. IpP. z OYHEOMjA jejHe WAH BUIIE TPANPOMBHBHBEX 2, ..., & HE-
hemMo A4 maparTepamieMo OAMKe HA KOjH €Y HaddH OHe M_eb} coOOM Be3aHe,
M Ce CAYHRHMO LHCMEHHMA f, [, @, qﬁ .., TARO3BAHUM (DYHKUUOHUM 3HA-
WUME ;] CTABHAMO | | |

e=f(z), z=¢ (96‘ 4

U YATAMO: 2z je O®YHENHjA «-& WAH 2 je OYHEmWja x-a ¥ y-a. H. 1 A
- OBae Je z mpeAcTaB/bEHO Y OTEPHBEHO] ®OPMH. Y CEPHBEHO] ©OPMHE
MH OHCMO HANMCAJAH OBAKO: N

F.(m, ;:5):0, P (m, Ys Z):

6. MocpeaHe oyHEUU]je U CAOMEHE dYHKUMje. — AKo je z = f(y),
a y=¢ {(x), OHAL ce LAEe A je 2z nocpeona Gynxymujc HAR Pynxuujo
pynryuje. z je MOCPeAHA SYHENH]a NPOMEHLHBE ¥, 4 NENOCPEAHA DYHE-
THja TpOMEHBHBE %, jep je z=f [¢p (x)].

Hexa je z = F (x, y), a uperunocrasmmo Aa je x =1 (u), y == @ (u)
T“l,ﬂ,‘c't CE z BOBE CA0MceMa PYHKUWIQ; % = FIf(), ¢ (). -
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7. ArrebapcKe W TpaHCUEHAGHTHe oyHKuuje. — Mnu aeammo cpe
PYHEIH]E HA Ja..arefiapcfce I Ha TpaHcneHAedaTHe. PyHEIHja je amefapcra
Ka] Cy pajme, Koje ce ¢a IPOMEHFHEHM KOAMTMHAMA MMA A M3BpIIE, aire-
bapcke, a To Cy cabupame, OAy3HMAmE, MHOKEHme, Aeheie, NMOAH3ame HA
CTelleH W EODEHOBAKE €A MO3HATHM H3A0KHTeHbeM. (Be OCTale oyHEDH]E,
EQje HECY aarebapcke, 308y ce mpancyendenmue. To ¢y m310EATEBHE, A0Ta-
pHTaMCEe, TPUTOHOMETPHCEE ‘W [UKIOMETDHCEE ®YHEIW]E.

- Hajopocruje (ocHoBHe) aarefapcke ®yHENHje jecy 0Be: a - x, a — .,

N 4 . 3 — . . ;
ax, — V «, a majupocruje TPAHCIEHACHTHE YHEIEjE Taace: af, log x,

sinx, cos®, tgwx, cotgx, arc iR X, Are cosx, aretyx, arc cotqg .

8. PauuoHasHe # upayuoHarHe oYyHKUMje. — Auarebapcka <yHE-
- IHja je upayuonaaHa HAH pauucHaina TPEMA Tome A3 AW Ce y HBeHoMe
Hspa3y, MOWITO Ce OBaj o MOTyhCTRY cBeAe, Ma jeAHA 04 NPOMEHBHBHX KOAH-
 9gHA HA133H HCII0J EOPEHor 3HAEA WAdA He. JApyrum peddMa: SYHENZja je
D&ILHOH&AHE:L ak0 Cy CBH HB.&O&EHTE.E)H IPOMEH/HHBEX KOJAUIMHA TeAH 6po-
jeBH; @VHRILHJEL je UPAmWOHAJAHA, AK0 Ce Ma H HA jejHOME MecTy HA1A31
II[];)OMBH.ZBHB& EOAMIHHE €A PA3I0MbEHHAM H3A0HUTE/HEV. ‘.

. 9. U,ea‘en_.y pasaoMibeHe oyHHUMje. — 3a jepHy aare6apcky @yRE-
- IHjy EAKEMO AR je ueqq, Kaj Ce HHjEAHA 0J TPOMEH.BUBHX, OA EOjUX GYHE-
muja 3BHCH, HE jaB. B Y WMEHWTeHYy HAMW, INTO je jeAmo HCTO, Eaja Cy
310U TeHH UPOMEHBABUX KOAUYAHA TOA0KHE. Y IIPOTHBHOMB CAYYQ]Y ®YHE-
IHja CE 30BE PA3IOMMBEHA HAH @8408%@#' e |
lipema oBowe W OHOME MTO CMO Eaaa.m Yy OPOMAOME UYAaHY ‘HOCTAB-
JbAMO ,ELB(I)HHH]IHJ}" 04 0EJI0M H DAlHOHAAHOM PYHKIHJOM DPasyMEMO jeAaH
TOAWHOM Y KoM c€ NpANpPONEHHWBA jaB/ha Cai0 €A NEIUM- H HOJ0KHHM
320%ATeSHNA. OMITH THIO TAKBe ®VHELNHje TO Jé IO HHON jeAle aare-
Oapcre jejmaumme, Aakle

o Sl —,— a;mﬂ_ﬂ'j ‘-l— agw”_*g "I— “ve ",— By 1L _}- aﬂ)

‘TAe je m UeA0 W WOAOEHO, d;, dg,...q, UPOM3BOSHE LOHCTAHTE, 04 KEOjHX
10 Heke mory Omrm = 0. Hajsmmm cTemeH DpanpomMeH/buBe 04pehyje AUNEH-.
SHJy HAKW CTeleH oOYHEIH)E. | |

Hoanwunuk w3 ABe Iede M panMOHAaAHEe ¢YHEIUje, a TO je H3Pa3. BUAA

x® - a;ar—1 4 ag 3’3”""_2 T T Uy X -
™ e hyam— I boaxm—=* —+ ...+ bm-f' 93_'“ b’

Ba TAKBY paI];HOHa.ZlHO paanowﬁeﬂy q-yHE]];HJy RAEENMO A4 Je wucno

_"._H-ZIH Hewuemo pasaoivend, IpPeMa TOME Ad 1 je cremeH AEBEHAKA MATHH

-mAE- Behn 0 cremena AB.Z[HTB.ZBB; T. J. AA A4 je 7 ;



Ha cayga) aa je cremed Ae/heHHEA BehW 04 cremeHa jeantessa (n >>m),
Ad e CYHENH]a, A3K]e, HEYHCTO DasiOM/bEHA, OHA MOEKE Aa Ce PABAOKH HA
jeAHY IleAy W JeAHY YHCTO DPasAoM/beHY oyHEnWjy. To ce pasaarame Bpnin
oOmynmM jebemeM. H. 1p.
Dol —22° +-3x 14 3233——22"
pr i 5m+13 F—Sa

2. BECKOHAYHO BEAHKE M GECKOHAYHO MaAe KOAMYMHE.

10. Jeounnyuja. — Koamdmna, Koja HeIpeEHAHEM pacTemeM A00Hja
cee Behe Opojme BpeAHoCTM H UmocTaje Haj3aj Beha HO Ma EaKO BEAHEH
OD0J], 30BE C€ OECKOHAUHO GEAUKG ROAUUUMNA.

Roamynna, ®oja HeIPeEHAHHM OHAAAIbeM IIOCTaje Mamha 01 CBake MAa
KaK0 Maie KOAMYAHE, BOBE CE& DCCKOHAUNO MAAG KOMMMUHG.

. 3 OBUX JCPHHHIM]A CAeAyje, Aa ce 0OecKoHAYHO Beauke H Oecko-
HAYHO NaJe KOJUUMEE HE cMejy CMATPATH Kao oipeheme koAWYEEHE; OHE CY
npomer.buBe, Hapoumro Tpe6a HpaBHTH pa3iuky msyehy GeCEOHATHO Mae
KoAMIHHE W Hyde. Hyaa Huje KOAWYEHA; OHA je HEranyja. KOAMYHHE.

-

» 11, Mpasura, — Axo 03EATMMO €A oo OECEOHAYHO BeAWKe KOAWIHHE,
0HAA j& 0eCKOHAUHO MaJaa KOoJAMIMHA. oa BHX Bpeie caeleha mpabuaa.

Cabupame U 05y3UMaAReE.
1. 00 + 00 ...+ co = oo

2. 60 — oo MOMe, IpeMa TPHAULH, A3 6yie (eCEOHauH0 BEUED, KOHATHO
HAu OeckOHAYHO Maa0. Takap ce M3pa3 30Be HeoOpehen OOAUK.

3. oo 4= a= 00, TAE @ 03Ha49aBa EKAEKBY OH10 KOHAUHY KOAHYMHY.

4.m-i~—1%=oo.

o0
51'1' —1————1—00 K, B M ) e Opoj
gt E o= Oso, na, peAd ¢aM0 OHAA Kaj Je poj

cafupaEa KOHAYAH. Y OPOTHBHOME CAVIA)Y, T.j. axo je 0poj cadmpaxa
OeCEOHAYHO BEAUEH, PECyATAT MOke [a Oyie KOHAYAH, BGeCKOHATHO
Na.AW, N2 ¥ GeCEOHATHO BeJWKN. Taxo H. Hp. &KO jeAHy XOJUTMHY
(Tea0, AVE, H.T. A.) PAcTBOPHMO HA GeGEOHaqHO nale jel0Be, 30Bp CBU]Y
THX AEA0BA 0CTaje DABAH AOTHYHO] KOJMYHHEM M OH je ROHAYAH, fec-
KOHAUHO MaJAM HAM OeCKOHATHO BEAWEH, LIPeMa TOMe KakBa je KOAH-
YUHA, KOjY CMO. Y3e4H YV pacMaTpabe.

Muoxemne.
1. oo ., a4 =— 0.
1 |
8. oo L JBCTE Heo,ﬁ,pebeﬂo, jep ce CBOAYM HA cayqaj J&AHOTa, 35Hpa

GeCEOHAUYHO MHOTO 6eCE0HaqH0 MaJAUX BO.HE‘H:IH‘I
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12.
13,

14.

l16.
17,

18.

19,
20.

21.

29,

24,
2. «a

1 1 1
w0 W 0
1 1
—, =
w R B
| - Aenene,
DO _ o ase HeogpebeHo (Buam moa 8)
— === . —— BUAU 1T .
— = A Apeher AW TOA
,GQ_
4/
1
L L— =0 .0 ==CLC
w ' .
1.1l o 0 eoapel
— ! —=-—— W T’pema TOMe Heoapeheno.
0 B > p AP
1 ) _
— =
O QO
1 1
— o0 =-—.
o0 0
-1
Qo =,
o
1
a . — — Q0.
o |
CrenenoBsame W KoOpeHOBake.
co® = .

| L .. - - 1 :
O = oo, aKo je ¢ >0, T.]). HOAOKHO, HHAYIE oo”.—_—.ag, aKo je

a <o, T.]. OAPETHO. o
1, | . . : 1
wo® jecTe HeoApehedo, jep Eaj Joraputmyjeno Aobmjamo log oo =

1 1

5 log oo = "%, & 10 je HeoapeheHa BpeAHOCT.

N - o | |
(— * rarohe je Heo,a,pebeﬂo, K40 NITC ce BHAW KaJ JOTAPHTMVjeMO:
m [

1 I
log (oo - Zogga 5500

+ 1
( )__CB_ 0 je @ > 0, HAIPOTUB (oo) __'OD AKO JB a < o.
1 _ o

() ==

-

=0, aro je «> 1, mehyruxu
1
® .7 axo 1.
a e axo je a < 1 _
Ha cayusj Aa je ¢ =1 mmaso 1®, koje je meojpeheno, kao

mTo ce BHAY H3 Tora mTo je log 1°=oo log 1 =on, ol
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AE0, paiu kpaher Oelemecrba, 03HAYAMO (eCKOHAYHO Maue “KOARYHHE
ca 0, 0HAR MOmeMO H3DA3e, 34 KOJU CMO Ka3alu A2 HMMA]y Heoapehemm Buj,
| oo () 0 00 1%,

Aa HADHHIEMO o0 — o, o . (), , O, 0% 1
- o’ 0
“Mu cmo BUAMAM 23 Ce CBH OHY MOTY A4 CBeAY Ha jeAny ®opuy. Ommire
ueTer 34 W3HAJAQEEHhe IPABUX Bpe;zLHocTH TAEBHOX H3pa3a ,,ZI,&JB Aunoepen-
THAJAHU Paqu ' | N

3. I'pandue ®YHKUH|A.

12, Mojam rpanuye. — Rua Hempecrammy pacremed UAK ONAAAEHEN -
IpaupoMerbuBe LKOAMIHHE M NPHOIMKABAIEM HCTE H3BECHO] BEHOCTIL,
H. ID. BpEAHOCTH o = a, ®YHKNMja TeHH .HeKOj CTANHO] BPEAHOCTH, Hy IIp.
f(x)==>, Tako jAa pasaumra m3mehy Te BpejHocTH b W Ma Koje Apyre
OYHENEOHE BPEAHOCTH IIOCIAje CBE MAHA § KOAHKO je o IPHCAMEHHjE GrY.
0HAQ Ce Rame /a ,zl,omqm GYHEIV]A TEHH YPaAHUUY ( szes) b, To ce 3Ha-

nuMa Oesemu '
lim f () == b,
r =44
a4 UETA ce: TPANMIL, K0joj Temum £ (i) 32 @ =g jecre pagHa. b.
| | _ 443 - :
1. IIpunep. (I)VHE:ILFIJEL fx) =~ . ¥Ma 33 CBaKO KOHAYHO ¥ CBOJy TavHo

ogpeheiy . npeguoct. 3a @ =0 jasma ce f(z) y HeoApehenoj zopum %

44+ 3x 4 *
MehyTaM Ka1 HANMBIICMO — = 3 106H}aMO0 HeII0CPeTIo

. 44+ 3
lim = Zam( 4 3) = 3
x = oo X T = oo

-~

St @

2. IIpumep. hag y flx) = ~
0 | . . |
oapehenn sng o lpn ceenry Tome @yHERIM]A HMA H Taga CBOJY TAYHO O]-

CTABHMO HemocpegHo x = 0 golujaMo Ie-

peljeuv BPEAHOCT H MH O HATAZUMO HA clegehlt HaTIH.

c

s cunge BIIMO 1A je
sin ¢ < x < tg x,")

ojaKaIe, Kaj HOJENNMO CBEe TPH CTPame HejeTIa e
ca sin x,

@ 1

StnNx €08

1<Z

I ¥3MEMO H3BPHYTE BPEHOCTI

Sin X |
4 1 - =008 .
CJa 1. | | e ]
1) C.nnﬂa, HAM nonasyge 28 )€ NOBPUIBLA ﬁp},:ﬁ.ﬂma ncegra O4B meha oa AOVADB, a
Mama 03 AOAC 1.). ﬁ,a,]e— QA .OB sinz < ; 2z < -~.§- OA. Al pganr _1_2_,]251% x {%-?- X {.%Tatg:ﬂ
1 .

HAY H&JB&A, Ra:; CEDATHMO CBE YDH CTPAHE Heje AHAUHBE & o r2,
sinz <z <ige g e d



I - . NETL T
Mu BEZEMO, OXABAE, A je “3ajaTa SYHENH]3 . HaBek Mama Ogﬁ: N

peha o1 cosx. Ho y Komako ce Jyk = GyAe Rullle CMAILHBAO Y TOJHKO hie
M cos x OnTH UPHOMMKHHJH 1 ¥ HAJ3a7 3a x = 0 JI€Ba U feCHA CTPaHA IOPH-e

nejeguaugHe MOCTAJY jefHAKe H TaK0 HAIA3WMO T, je

L. osinao
Lim, — 1
r=10 X

Ha meTH HAYMH H3BOXHMO W3 HEjeHAYHHE sinx <x < lgx JA je

Peunma: y KOJNKO je JyK MamH y TONAKO je pasinga usmely cunyca u
 TAHT@HTE H CAMOTa JIyKa, HE3HATHHjA, TAKO ja 34 BP0 Male IYKOBE
MOJKEMO CHHYC U TAHPEHTY A3 3aMeHHMO caMuM JyKoM. Taro H. Ip. jecTe
sin 10" = arc 10" Taymo Ha TPHHAjecT AecerHux mecrta. Ha osome ce ocHuBa
jegam mojecam HauIHH 3PAYYHABAMA TPUTOHOMETPHCKAX YHEIH]a!).

3. Opumep. Jla OucMO HalH TPAHAILY, K0]JO] TekH 30HP OeCKOHAYHE Ieo-
METPHCKE IIOCTEIEeHOCTH e | : -

t 1 1
1 - ‘ o
+5tata Tt
CTABHMO
‘ “ 1 1 1 1 1
o=ttt
2 22 93 2n—1 . 2n
TARIIE |
: - 1 1 1
2&1—2}1}. ,' I,' i 1
9 Q2 | 9n—2 . 9n—1 _
H OTYy3MHMO OBE€ JBE jegxﬂa,qm{e jexny o7n xapyre, na hemo zolurm
] | S‘H = 2 ‘2*}1"’
OJlaKiIe ciaejyje
“ lim Sﬂ = 2,
n= - @

30Hp rOpme reoMeTPHCKE IOCTEIEHOCTH ¢4 (8CKOHAUHO MHOLO WIAHOBA
paBaH )¢ 2. | | |

(0 ToMe e MOKEeMO YBEPHTH HA jOLI jeZaH, BPJIO O4HIIEIAH, HAYHH K2 Y3MeMo

- Zy® A B = 2 H OpPeunoI0BUMO je, TO HCTO YIHHAMO H CA JPYTOM IOTOBHHOM HTZ,

C———— - 1 —-==-=--> €--->
A - B
LR S
1 a
| z 23
Cm. 2.

Ay:xu, 10 KOJHIX TAKO JOTASMMO, UPEACTARILA]Y TPASHYKH MOjeAuHe IIAHOBE
rOPEme HNOCTENeHOCTH H OUYUTIENHO je /a Yy KOJAMKO BHIIE (yJeMo BPIUMTH
0BO IIOJIOB/bEE:E N cafupame 700HBEHHX €I0Ba, CBE heMo ce BHLIE IpH-

Oauxaparn Tauny B, Xoja je of rauke A yzamena 3a 2 jeJmmune.

) Bean IIpeaasama us Tpuronomerpeje ua. 32. | 33,



13. rHaH&M}-H-MBTOAe rpannya. — O BpAC BeJHEe je BamHOLTH Y
NUTABANA O TPAHKHNM, TAKO3BAHO Hauero memode iparuiia, Koje TAACH: Kaj
/iBe -IPOMEH. BrBe KOANTHHE 0CTAjy Ba3Ad JeAHA ADYIOj DapHe K Kaj jeAHA oA
FHX TeHH H3BECHO] TPAHUIM, OHAR W OHA ADYIa MODA TeRUTH HCT(}J I'PRHUITY.

1. Hpumep. Ha ocuoBy eemnungje, o Kojo] ce pojx nepu@eprgom KpyI2 AMa
14 pasyMe IPaHHYHABPEAHOCT, KOl10] TeXH lepuMeTap (30a] crpana)jejunora
MPABILTHOT Y KPYT Y INICAHOI KK ONKCATIOr HOTHT Ok an'GeCLOHaqHMI pacremy
0P oja MOMHTOHCKIX crpana, nobmjamo ciegehu 3PA3 38 KPyHEHY nepuEeprjy.
Hera )Je AB=s crpara jegmora y RpPyT YHURCAHOT
- UPaBHAHOT HOJMIOHA ca m cTpama: (myerumo H3 cpe-
mawra ¢ yupaBHy CD = ¢ Ha cIpany AB # 0383uipio

J ACD = < BOD == -a—. Uz cmmke UATANIO Aa Je AD

sl

$ R x
HAIH o9 = T s rx AaRJIE s = 2 sin -2—, a eo IICPH-
- mMerap =
| 9 X )
- ' - P=znr sm —.
- Co. 3. | | 9 y
\ _
OBre HMAMO0 JBE ROJIH'III}IB? hOJe Cy Basja (3& CB& n It a:) jerua ;[pvm,]-

€

paBHE: YBOR je HepmMeTap p PaBam 2 sin —, Jejgua O IBYIX, & T0 je 2,
..‘,) .

TR HJBE‘:CHOJ IDaAHHIT (nepmpepmu EpyTa), zgme wmpa, II" QHJL Jpwa'
TQANTIH Hccm_] rpannuny. To 3gayu Ja _]P KPYHHA HBPH@BPH_]&

X
P=1limp=1Un2n»rsin—.

H=w n=wx 2 B
Homre ca pacremenm n-a y 6eCKOHAYHOCT CPEeJMIIHI YIa0 x onaﬂa y oec-'
KOHAUHOCT, 10 BIJUMO, /1A H3DPA3 8a KPYIKHY nepneepHjy fobmja HEOﬂPeb eHy
eopnmy oo . 0. Mehyram Bpro je naKo Hahi 1HeroBy HCTHMHCKY BPEAHOCT.
C omr{pom HA 10, Ja ce 3a (eCROHAYHO MM JYK CHHYC JyKa MOKe Aa

BAMEHM AYROM HMAMO
N

4 H
_P—-ZMRQﬂ?——--—sz?nm*—?hm .
N = w0 2 n=—w R N |
Cauxa HaM ToEasyje 7a je, sa MaHaEBO_ n i z, NPOU3BOA nx = 360° = Hin
27 N HpeMa ToMe P=2r

2. ]Ipzmmp Ha WCTH HAMTH MOKEMO Aa Haljemo IIUBpmHHy KPYTa K40 rp‘umny
 K0J0} TEEH IOBPUIHHA J@;{HOI& Y KPyr yUHCAHOT HIH OKO KPyTra ONHCAHOT

IPABIIIHOL 10U 0HA, yju Gpoj cTpaHa y GecKOmMAYHOCT Pacre.
$ ¢

Ha ropme - cauxe BHUMO Aa je moppmmHAa Tpoymia ABC = = u upema
& , : 2
TOME IOBPUIHAA HOJMHIOHA
nsg po
q =— = , -
2 2

I1¢ p, K&0 I rope, 03HAYABA MOJIHTOHCEM MEPHMeTap.
Ha ocgopy maverna o MeTO U IrPanuua MOBPHIHHA KEPyTa je

Q—-Ztmpg_

n= oo 2
lipu deckoHaunome paccne}bv n-d KOMHYHHA p TEeKH IPAHHIH Zrar, 3 ¢

Tew nownpeqmm} 7
szp—-Q:t T, Za'mgz

= =0

JaKIe | |
- , . Q —_— :I .?:.gt._ ] '



14 Teopema — (Cpaki craana EOAWYAHA caMa ceGH je.Tpamuia:
lim C= C. |

Ozo Jje camo mo cebm jacHo. Craaua EOAMYHEA HM2 HABEE jEAHY HCTY BpPeA-
HOCT W Hemoxe, IpeMa TOME, TEKHTH HHEAEBOj APYTOj BPE€AHOCTH.

_ 15. Teopema. — I'panuna aarebapceor 30upa Anejy (MAM BHUIe) qayHE-
-?_ jn;HJa jeAHAEA Je a.nreﬁapcnome 30Dy TPAHHIA KOjHMa Texe N0je A\NHe CYHRIHje:
r' lim [ () Y (:xz)] — szq) () == lim y ().
Hoxas. Hera je -

_ limg (@) =a,  limy (x) =-‘a
o 1 CHSD @ =ata- Y@=01

‘TAe €y ¢ Hf H3BECHE CYHRENHje -2 Koje ce y 6803011&'1300*1? YMEL}B&B&.]Y?
Eaj ce x OpEOAMEABA OHOj BPEAHOCTH 33 EOjy ¢ (%) H v (¢) WOCTajy pagHe

a O,ZI,HOCHO b. Taro y 1. mpuvepy i, 12. #- (::c) = 4 —I—;’J =3 + — HAILAH.

€MO, AQ je 33 HSBECHO (3& x=00) Lim f(xr)=3, A0K Je 3& CBa,Ro
4

Apyro x fl'-yHB:ImOHa Bpe,ﬂ,Hocr 3 —1— —. OBae je ,ZI,&R.ﬂe o = — OHA KO ﬂH‘IHHa.

E0ja, BABHCHA 04 @, HMA TO LBQ]CTBO Aa ce 7 OeCEOHAYHOCT cmaﬂ.yje MpH-

'-6.&11315&13&&% -2 OHO] BPeAHOCTH 33 Kojy moeTaje f ()= 3.
Ilpema paToM mOJMY O EOAHYAHAMA o« H 5 CleAyje U3

'.Heﬂocpe,zmo (x) =k (m) = a 3= b + a +- 5
Zam [ (m) —+ gb ()] =a = b="1lmg (:r:) - lam W (x).

Ilpumeoba. Opa Teopeua HpeCTaJe BAmATA Eaj je Opoj caGupara
‘0eCEOHAYHO BeJHKH 3aT0° INTO Y TAaKBOMe C€Ayd4ajy aarefapem 30mp -
o=t B4 y—... 6ecEoHaAgHO MHOTO (€CKOHAYHO MAa.AuX KOAHYMHA He MOPa -

Aa Oyae = 0 (B ya. 11. moa: H).
Cuoemmazam caydaj oBe Teopeme jecre: .
bm [ (x) &= C)l = lbim ¢ (xr) A= C.
~ 16. Teopema. — I'pammia upoussoja ABejy (WA BHIIE) SYHKIH)A
PaBHa je DPOM3BOAY I'PAHHIA, KOjUMA TeKe DOjeANHH YAHHTE/HH :
| | lim [ () . Y (x)] = lim @ () . lem Y (a;')
Joxas. UTaBHMO Ea0 W TOpe y, 9. 15.
lzmgo(m)—-a | Zam¢(x)—b
L ¢ (x) = a + ¢, | (m):b_l_ﬁﬂ
ALEAC | o

 9@.y@=ab+taf+bataf_—

S limly (). p @)= b+ limag pbat af]
ImTo je lim [+ ba + a 2/0(_ o

lim[p @) Y @)] = b= lim g (). z@mw(m)

Rao CHEeNHalaH CAyYa) HABEAUMO:
ltm [0 @ (:L')] = C’ lim " (:r)

T0 je
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17. Teopema. — ['paduna KoAMYHKEA PABHA je KOAWUHURY U3 IPAHUNE
AeHEHUEA H TPAHNIE ,Zl,BJ_lHTe pa: !

¢ (x) bLimo(x)

Z m -
Tyl liny()
Hoxras. W3
* () a-t+a o« ba——-a,@
| IES R R R AUE)
cAeAvje
i 9 _a_ lino(e
Ty b lim ()
HOIITO je
| | . ba—ap
lem b6+ 8 0.
Crenuaano: _
g limg(@)
lim =
C 0

W ) = Tim (2
18. Teopema. — Cacsuu oumrTe je: |
Lim [ () (=)] = [ lim ¢p (o) ]1m v (),
Hoxaz. YOorpedoM ropmux SHAEQBR HHANO:
g (@)Y @ = (a + o)"*F == (a + )t (a + &)f,
0jaKAe, C 063Hp_0M Ha bLm (a -+ a)f =1, caeayje lim [ (x)¥ ] =
lim (¢ + &)t == ab = [lim @ (x)]¥m ¥ @),
- Ocolenn cayiajesu OBe ONMITE TeOpeMe Jeey:
1. Eaj CTABHMO Y () = ( | |
lim [ (2)¢] = [lem ¢ (aﬁ)]ﬁ
To smagu aa je rpaHmpa C-10T cremeHa (AW KODEHA) jeAHe OYHRIU]e
pasHa C-TOMe CTemeHY (CAHOCHO EOPEHY) IPAHHIE AOTHIHE ©YHEIje.
2. Eaj CTABHMO ¢ () = (' p00Bjapo TeopeMy 34 M3A0EHATE/sHE GYHELH]E
lim [Cw (:1:)] — (lim Y (=)

19. Teopema. — I'pamuma JA0rgpuUTMA jeAHe OVHKIHWjEe jeAHARA je
.aorapﬂmy TpaHAIE KO0jOj PYHKIUjA TEXH:
lim.[log ¢p ()] = log | lim ¢ ()].
Hera je ¢ () =a -+ a, gakie
log @ () == log (a + a)=1log La(l—}— J__Zoga—klog (1 + )

U TOMTO je

8

tim (1 + 2) = 1, log lim. (1 + _z) — 0
" cAepyje Teopena : | B |
lim [log @ (m)] == sz Zog a==log ¢ == log [lim ¢ (m)]
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20. Mipsa ocHoBHa Teopema Buwe MaTemaTuke. — I'pammna pasuepe
ABEJY OecKOHAYHO MaJMX EOJAMIMHA He MeHa CBOjY BPEAHOCT KaJ T€ KOAUTIUHE
SAMEHHMO ADYrAMA, 'KOje HM WHCY - paBHe, aAM TakBe A4 TPAHUIRA, pasuepe

Hacnpam IpBHX KOJAMYHHA TeHH jeAUHHUIM.
Hega 8y ¢ n 8 ABe OGeCROHAYHO Male EOAMYAHE, ¢ H S Apyre Ae,

_.T&E:oi)e GeckOHATHO Male KOAWYAHE M TO Take A je

¢ 1, m P 1.
S : _ G: :
Ha, OCHOBY TeOpeMe MOpa A3 Je ,
lim & = tim%..
& G
1. Joxkas. W3 wpenTHyHe jejHAYHHE |
| Emﬁﬂ\
g B8 |
caeayje | c o
lim & = lim & Z@m E — {tm —
- R A 1 -
- ABanorno m3 . o A
o ©_a b\
S . A
. HM&»’BHMO # ‘ ’ | . r !
lim = — I o:’ . lim E, = [rm a,,
| Y g Y ¥
AaE1e ' , . ;
lim & = lim < — lim =, lq. e. d.
| 8 g V] LR
2. Joxas. Crapmmo 5 ' |
o ’ a 0
o =a-9, .A&Eﬂegfl + -
: ’ lﬁ' £
=5 & w —=1 -
f@ 18 i ‘3 {@

‘TAe CY 0 ¥ & aBe Hacnpa,m « ® 8 (ma, pasyue ce, u Hacnpam o« 1 B') 6ee-
'KOHAWHO maje koamamme. Taaa je

<8 _d 8 L7
BB e ¢
g
T
, lim (1 ﬁ
*l‘iw-af—, : Z?fmﬁ— — — ¢ = ]
o 8 ?
o Lim (1 + ﬁ)
Asre e
M — ==
N g

Hpema, OBOME HAYMHY AOKA3HBABA MOKEMO A3 HCEAIBEMO ropﬁ.y TEOPEMY:

T'pammna pasuepe aBejy Gecromagmo MAIMX EQAWIHHA jeAHARA je

TDaHdNA pasmepe ADYTHX ABEjy GECKOHAYHO MAAHMX EO.M“LIHH& Koje ce oA
IPBAX PA3AUEY]y B4 EOJHYHHE E&Je Ccy 6ecﬂeﬂaqﬁo MaJe HACIpPaM IbHX.
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Tarko w. mp. yered Tora mro je

. sinx . tgx
lim — 1, .Zam-'zw:fL
x =0 L x=0%
jecre
3 3

lim —— = ltm —— — 3.
x=00% p=0

2

x lg x X

lim == [im . — 4.
2=0 . L g=o0of X
St — —
2 2
. Sinbhx . b 5)
lim — — lim — = —
z=00609% 4-—0bx 6
o sinlx . a2
lim S = lim — OO,

3
g = x g —of
=0 =
-2 2

21, Apyra ocHoBHa Teopema Buwe MartemaTuke. — I'panuna, K0joj
TEKH 30HD 0J OCKOHAYHO MHOro GecKOHAYHO MAAUX KOAMYMEA, HE MEma ce,
Kdj MECTO AATHX KOAWTIAHA, y3MEMO ADyre GeCKOHAUHO Male EOAMYKHE, 94)a
TpaHANa pasMepe HACHpaM IPBHX Tewd jepwsund. Jam

I'parmna 36Epa 01 GeCEOHAYHO MEOTO OECKOHAYHO MAAMX KOJMYHHA
He Merba ce, AK0 3aJATe KOAWYWAE BAMEHHMO APYTHMA, KOje c¢e 0] IbHX
PABAUEY]Y 32 BPEAHOCTH OeCEOHAYHO MAAC HACUPAM HUX.

Hoxas. Hera je
S=qa -+ 0o - e -+ ... y Oeck.
- wonayan 36Up 07 GECEOHAYHO MHOTO 6ecﬂonaqgo MaAMX KOAWYMHA o, ¢, ...,
KOje O H3BECHOMEe 3aKOHY Teky W HPETHOCTABAMO A& je
lim E: 1, ZimE;:l, lim éﬂ: 1, ..
« ¢ o

WAM TITO je HCTO |
| ‘\6) — a + {IS: ﬁr —_— a, + O:fsrj ﬁ!r:‘_ O:r! + a.f.renj N
rAe ¢y & &, & ,... Takohe GeCKOHAYHO Male KOAMYWHE M IPEMA TOME
IPOM3BOAM &, ¢ &, ¢ &', ... GECKOHAYHO MAAY HACHPAM KOAMYIAHA o, ¢, o ..
HIpema TopmeEM je
B+ 4+ =t +... ot F e+
=5+ e+ coe-+a'e +... |
Y3mMuM0 22 je 5 TO aIcOAyTHO] BpeAHOCTM HAjBeha 04 CBHjY KOAHIAHA &,
0HAQ je, AUCOAYTHO V3eB : |
et +oae+a’e +...< e+ +a"+..)
| | < 7ns.
OMTO je % jeiHA OECKOHAYHO MaJa KOAWUMAA, § KOHAYHO, TO je 1s Takrohe
0ECKOHAYHO MAN0 H Z?:’?R_‘)?S_m 0, a ¥ TOAHUKO IIpe

bim (ee + ¢'e' +-a'¢"4...) =0

Yeaea Tora je

lim (8 +8+8+.. . )=bm(a+ a"—'}—‘af’-'_—l’,—... ):S q 6. d.
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Pecyarar aa je )
lim (e +a'¢ +a'e"+...)=0.
WCEa3aH PEYrMA IJach: Eaj CBAEH WIAH JeAHOTA EOH&‘IHOI‘ 36upa 04 6ec-
EOHAYHO MHOTO OECKOHAYHO MAAMX Ro.mqﬁﬂa (a «,a’,...) HOMHOEKHAMO
" jeAHOM GecKOHAUHO MAJOM EOAMYHHOM (&, &, &”,...), 0HAA je TaKo j06HBEHH
36Ep TPOM3BOAS DABAH HY.W. . o
Oma TpBa TeOpEMA V Y. 20 OCHOB je ,Zl,mepeﬂuﬂa,.aﬁom 0B& ApPYra
T-OCHOB Hurerpaanom Pauyny, . |
: [logaskEMO HA jefAHOME npnmepy 3Ha4aj - Apyre teopeme y Mmrerpannome
"PauywHy.
o ITpu -u3pauyHaBasmy JefH¢ KPDHBONUHNCEE I[OBPIINHE Y PABHH, H. IIP. SUTYpe
MA BN, Koja je orpammueHa ¢ jejue crpane KomajoM A B ancuucHe oce, ¢ ApPyre
mBe crpane opjmmarama AM um BN UM ca 4YeTBPTe y |

crpane JykoM M N Ma KakBe KPHBE JINHHje, MH je
| 3aMMILBAMO Pa3je/beHy Ha 0GCKOHAYHO MHOTO (ec-

—

KOHAYHO yaaHe Tpamese, Kad mro je mw up. PG HQ, . @ N
Ha Taj mawun je surypa M A BN npejcTaB/heHa Kao - Z’R/
jeAan Komauam 306up ofF O66CKOHAYHO MHOrO Oec- / |
EOHAYHO Maymx cabmpaxa. MecTo Tpa,nesa PGHQ | M

MOKEMO A2 y3MeMO YOHCAHN MM ONHCARE IPABOYTa0-
mg, PGHE nmm SGHQ, jep je pasauka ncmeky

BUX ¥ TpPanesa O0eCKOHAYHO MAaJa HACHDAM HCTHX. | x
Pazmika m3Mely onHcamOr H yUECAHOT OpaBoyrao- © A g H B
HAKS NPEACTAB/HCHA Je NpaBoyraoHUEoM P QRS Can. 4.

KOJH ]© PaBaH IPOU3BOJIy H3 /BE GECKOHAYHO MAaJe

KOJM4rAe (ANCHUCHOr eXeMenTa G H ¥ OPAHHATHOT ~€IEMEHTA QR), Aagae Gec-
KOHATHO MAJZM HACHUPAM yIHCAHOL HJIH OIHCAHOI NPABOYLAOHHKR, UHja Je MOBPUIIHA
‘PaBHA IPOM3BOZY H3 jeAde komauHe zy:xm (opammare P G.ozuocro QH) m _]e;_(He-
08CKOHAYHO Majie KOJMYHHE (AINCIHUCHOr exeMenta G H). Osmaummo ca o, o' o',
mojefnne ancuucHe exemente (0f Kojux je mw G H Taxas jegan), ca & & &, ... op,zm—-
HaTHe elneMenTe (PA3THKE nzmehy 7aBe m xBe GecromayHo OImCKe opgnﬂame) 30Hp
g o' + s’ —-.... #m3pamaBa pasIEKy usmeby OBPIIHAE CBH]Y OIHCAHIX
M NOBDHINHE cmajy VIACAHAX NpaBoyracmmka. Ho mommo je lim (ae 4 o's -
¢ & - ...) = 0!), To ecuegyje Aa Ce LPH H3PAYFHABAKY KPHBOIHHHCEE IIO-
spuipae M AB N-Tpanesu PG HQ MOry jJa 3aMene OMI0O yOucammy, GIIO onnca-HH_ﬁ
TPaBOyTROHHI[IIMA, -

22. becKoHAyHO Mane KOAMYMHE pasHor pepa. — lIpm pacmarpamy
BUIIe OECKOHAYHO MAJMX KOAWYHHA, EOje 3aBHCE jeAHA O ADyre, YBHMA ce
JeAHA 0) BHX KAO 14a6KQ OECKOHAUHO MQAG KOAUWUHE, CA KOJjOM Ce OcTale
yuopehyjy. Sa Apyry Eojy GeckOHAYHO Maly KOAHMYMNY Kake ce Ad je Gec-
KOHOUHO MAAG-Npena peda (Ccmyniwa), KO pA3MEpA HWCTe HACIDAM TJABHE
GECEOHAYHO MaJe EOAHYAHE TEeHM, EA0 TPAHHIM CBOjoj, JeAHO) 'Rbﬂaqﬂoj

1) IlpermocraBaMO Aa CBH IPasOYTAOHELH, OAHOCHO TPALE3W, HA K0JE 3AMUALLAMO pas-
ACHEHY RPHRCOAHHHCEY ®HIYDY, HMA)Y JEAHAKY MHEDHHY, T. j. YBMHMO A3 jee=e ==,
OHAS je Bﬁﬂp ‘GECKOHAYHO MAXHX NPABOYLAOHHEKA PQRS, ossaunmo ra ca X PQRS =
ele e 4"+, =0 (NB—;aM A), Aakae paRaE NMPOH3BOAY H3 }eAHC OSCROHAYHO MAJe KOAH-
JHHE @ H je,_a,t_mr,_mnaqmg"-ﬁﬁoja'NB*—-a_ﬂ’fA.- Oryaia oamax caeayje aa je lim T PQRS = (.
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 BpeaHocTH. Heka je o TaapEa GeCEOHATHO MaAa KOAMYANA, p jesdH KOHATAM,
a & jepad OeckOBHAYHO Maau 0Opoj. DeckoHAumo Maay KOAWYVHY IPBOTA PeAa. -
MOXEMO A4 IpeACTABUMO, OHAQ, Y BHAY

ﬁ:a(p+€):

lim F_ lim (p - &) : P

84

jep je

Jejua GecKOHATHO Mala EOAHYUHA )€ OeckoMauHo Maiq Opyior pedd, ARo
je HeHa pasMepa HACHpAM IJaBHE 0eCKOHAYHO Male EoAXInHe OeCKOHATHO
MaJd EOJHYHHZ HDPBOTA pPeAa. bLeexoHadno maaa EOAMYMHA APYIOr peAd je

y=0a*(p + &),
%

jep je = (p + &) ODeCKOHATHO MAA0 IPBOTA PeAA.

CacBaM OIITE KAmEeMO 33 jeAHy KOAMIMHY A% je GeckomauHo Mad
n-mowr peda, aKO je IEHA DA3Mepa HACHpay IJaBHE OECEORATHO MALE
ROAWUAHE OECKOHAUHO MaJla n-1-BoTa pead. DecroHauHo Maas EOAWIHHA
n-TOTA peAa MMA BHJ |

v = a" (p =+ &).

Tako Ha IIp., AK0 V3MEMO A4 jeé AyE « (GECKOHAYHO MAAA LKOJHIAHA
IPBOTA PeAa, OHAA Je H st 0eCEOHAYHO MaJla KOAXYMHA IPBOTA peja,
SIN @

Jep je lum P 1. Mehytua 1 — cos ¢ Je OecEOHAUHO MAA0 APYTOT peaa,
i 0 v .

jep je 1 — cosxz =2 singg.

pagoyraoawr FPQ ES, xoncrpymcan n3 0eCKOHAYHO MAAHX KOODAM-
‘HatHH eaeseHara PR um QR (B. ca 4.) jecre GecKOHAYHO MAJAM IIpella
npasoyraomumuna PGH R, SGHQ w tpanesy PGHQ. Axo oBe mocaeame
V3MEMO 33, (eCKOHAYHO MAAe npgom peia, OHAA je mpaBoyraomur POR S
0eCKOHAYHO Maad KOANYHHA HajMarbe (T. j. H3BECHHM GJ]}”E[ELJHM& JOHI W BUIIET
HO) APYroT peaa. |

Ropucrehn ce 0Bum IOjMOBHNA O GECEOHATHO MALEM EOJHIAHANA DPa3-

Hora pela MOEeMO TOpHe ABe TeopeMe (v da. 20. um ga. 21.) za HCRa®emO

Ha caeAehym HagWH. |

I'pannna pasMepe ABejy KOAMUHHA, Koje Ce CACTOje U3 0eCEOHAYHO
MAJHEX EOJHYAHA PA3HOTA pead, He Mema ce, kEaj Je K0A JeaHe W jpyre
3aADIEEe caM0 (eCKOHAUHO MaJe KOAMTMHE HAJHHKET peaa.

H. op. : . .

P . ostna 4+ Ssntx .. sinw
[vm — = [1m
p=0 LT QXL —T* Ly X

— 1.

Taxo wero Eaj ce Tpamd TPaHHUA 30Hpa GeCEOHAUHO MAAMX KOIMYMHA
pasHor peja AOBOBHO je, W 0e3 YTHIAja Ha TAYHOCT DEBYATATa, AKO Ce
y3MY ¥ DAYyH CcaMo 6ecE0HaIIH0 MaJle KOAMYHHE HAjHHmET peAa.
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- 23. HenpekuaHocT ®YHKLMja. — 3a jeAHO3HAYHY ®YHENH]Y?) Epéﬂpo-
MEHBHUBE @ EAMCMO A3 je HenpexuOxa WAM KONMUHYUPHG V WBBECHHM TDa-
TEHII‘H,M&, H. .]Ip. 03 x==a Ia 0 « == b, Eaj OHA 3 CBAKY BPEAHOCT == ¢,
_koja Aemy m3mehy a u b, 100Hja caM0 JeAHY H TO CTBAPHY M KOHAUHY BPEAHOCT.
- 3mavaj HEUPEEMAHOCTH SYHENH]e IOCTaje OUMPACAAH, EAj @YHENE]Y
HPB,ZI,CTELBHMO TEOMETPUCEH, EA0 EDUBY JHHH]Y Y PABHE ABE]Y KOOPAMHATHHX
sﬁ_...oca Ilpomen/puBe * M Y UPEACTABAAjy KOODAMHATE IIOjeAWHUX TAYAKA
AAEEje, EOJa je JHAJMTHYEN ACPHHECAHA jeAHAYHHOM y=f (x). AEO je
f (¢) HenpeKmAHR ®YVHELH]A ¥ TPAHMIAMA 04 © — a IIa A0 & = b 0HAA Je a
EpHBa AWHHUjA y == f (x) HeOpeEuaHa u3mehy y

| ragaKa P u (), xojama o,zi,roma,pa_]y amenuce |

‘x=a ¥ x=~5b. 3a CBAKy AICOHCHy BpeA- . g/
HOCT & == ¢ (rae je a < c¢c<<b) AOﬁHhEMO: R:___’?.ﬂ--g”//#
y TAEKBOME CJAYy4a)y, JeAHY W TO OApeheny P/ | |
OPAUHATY (BPEAHOCT @YHEOW]jE), TA AAKIe H / RN

'JeAHY H3BeCHY TAauyky HA EpHBOj AMHHUjH. "E EE
.JHAYM: aKO je GYHEIHU]a 7 () HeuperwAHA S S

W MV Y3MeMo ABe Tauke I w R”, xoje ogro- | B

BAPAJY amcmucama ¢ — J | c -+ 0, 0HAA O f!,- “ s tJé
IbUX0Be Opaurare f (¢ — d) u f (¢ + J) mo- %y ¥ :_ ¥
Pa]y, IDK OECEOHATHOM YMAbABADY AICIHCHE | G B,

pasanke J, TEXHTH jEAHO] M HCTO] CTBAPHO]
%4 EOHEL‘E[HOJ BPeAHOCTH: OpAMHATE f (c).’
peMa O0BOME MOMEMO AHAAWTHIEH A3 ©OPMYAHIIEMO HETPEEHAHOCT
eyHETH)e. Pynkmuja f (x) HeOpeEHAHA je 04 ¥ = a Wa A0 x = b, EKag je
34 Ma KaKBO x == c¢, KOje ce Haaa3d m3mehy « m D,
lim f (¢ — 0) = lim f (¢ 4 &) = £ (c).

| d =0 Jod=0 |

C oBHM CNO ¥ cTaEby A2 HCIETANO HEIPEKH HOCT 04HOCHO IPEKH AHOCT &YHKIH]A.

Targo m. mp. oryga mto je
* limsin(cdz d) = lim [sinc cos § 4 cos ¢ sin d]

d=20 =20
= gin ¢ lim cos 0 -} cos c lim sin d
| d=0 d=20
= §in C, |
Um ec+d = Zam eﬂeid]-—eﬂlam e+ 0] = ec

_ d=0 d=0 - d=0
CLEAY]e A2 CY @YHKHUC y = sina 0 y = €3 HETPeXHANE 33 CHe Bpe;.;uocm x-2y, O]
= -—0Q0 14 20 &= -} 00, jep OHE 3& CBAKO x == ¢ UMA]y CBera Je,zmy ¥ TO CTBAPHY

" i - ..:'l_.\.l..._
3 ".--\..-..

H KOHAYHY BPEAHOCT.

') ®yukumje ce 30By jeOnosuaune, Eaj OHE 33 CBAEY 0COGEHY BDB,AHQCT npaNpoOMEeH.FABE
HMajy jeany jeammuary Bpeanocr. Ha nporug ome ce B0BY MHO203HAYKE (ABoBHAYEE, TPOJHAYHE
HTA.). k8] CBAKO] 0CO0EHO] BPEAAOCTH UDANDOMEHFHEE o,zxronapa]y BHINE (aBe, TDK HT].) ©YHE-
ILHOHHI BPEAHOCTH, JEAHOSHAYBE PYHENUHJE jeCy

y=az1d z—p:z:+qy+fr

y=Vaz+0b+cs? (3BOBHAYHA), ¥ = ¥+ uz (tposausa).

a MHOI‘GBH&‘IHE cy
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Y cBarone apyrom c.ayqajy, rae tI*YHH]],HJ& He WCHyHaBa. Jeaan op

HaBE/CHHX yCA0BA 33 HENPEKHMAHOCT, OYHENHU]A J€ npexuona H.1H du:cmu-
MUNYUPHA. @yHEuHJa je, AAEde, HPeEMAHA, aK0 33 KOjy BPEAHOCT x = c
OH& A00Mja ABEe HAM BHIOIC BPEAHOCTH HAW aK0 je @YHELHOHA BpEAHOCT
AMATHHADHA WM HAj3aj) OCCKOHAYHO BeAHKA.

EBo HEROMIKO CIy4ajeBa NPEeKuIHOCTH:
. |

65[:"—'{3_1 _ . _
1. f(x)= a : HMA 32 @ == ¢ JBe pasauuxe BpejHoctn: f(c) = + a.
Pl S | | |
1 1 1 — 1
fledd)=2a ¢ - = q el SN = el ,
: ¢+ d—c¢ J | 1+““"'J
€ +1 e’ +1 e
lim f{c + d'.) = a,
d=0
. ! RS 1